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On L? Norms And The Equimeasurability Of Functions
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ApsTrRACT. For measurable functions [ and g, necessary and
sufficient conditions are given for the equality of certain L norms
of fand g to imply that f'and g are equimeasurable.

Two Lebesgue measurable functions f and g defined on /=[0, 1] are
said to be equimeasurable (or are rearrangements of each other) if they
have the same distribution function, that is, if m denotes Lebesgue measure
on [ and

D)(y) = mit:|f()] >y} (y=0)

then D,=D,. It is very well known that the equimeasurability of fand g
ensures that the L” norms of fand g are equal for every p, 1 = p= 0. Here,
as usual, the L? norm of fis defined by

(], ora). 1=p<o

ess sup | f(1)], p = .
0=t=1
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I, = [U:'f (o “‘)w- 1=p< o,

ess sup | f(1)], p= oo
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