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The strain rate effect can inevitably impact the seismic responses of reinforced concrete (RC) structures
because the dynamic properties of RC materials under earthquakes change significantly with the time-
varying loading rates. This paper carries out systematic experimental tests and numerical simulations
to investigate the effects of strain rates on the seismic responses of RC structures. The dynamic properties
of micro-concrete and iron wire used in the shaking table specimen are firstly tested under seismic load-
ing rates and the corresponding dynamic increase factors (DIFs) are estimated based on the test data. The
shaking table test of a 1/5 scaled RC structure is performed to realistically reproduce the dynamic
responses of RC structures with strain rate effect. Moreover, a three-dimensional rate-dependent fiber
beam-column element is developed in the ABAQUS platform to establish the finite element (FE) model
of the shaking table specimen, in which the estimated DIFs for the key parameters of micro-concrete
and iron wire are employed to consider the strain rate effect. Besides, the rate-independent structural
FE model is also developed using the traditional beam-column element with the static RC material con-
stitutive models. The numerical results demonstrate that the seismic responses of RC structures are over-
estimated when the strain rate effect is neglected. As validated by the experimental data of the shaking
table test, the FE model developed using the proposed rate-dependent fiber beam-column element can
yield better structural seismic response predictions in comparison with the rate-independent model.

� 2018 Elsevier Ltd. All rights reserved.
1. Introduction

Reinforced concrete (RC) structures have been extensively used
in multistory and high-rise buildings due to their advantages of
excellent structural integrity, durability and high economic effi-
ciency. During their service periods, RC structures may be sub-
jected to strong earthquake ground motions. The strain rates of
reinforcing steel and concrete materials at critical sections of RC
structural members may reach as high as 1 s�1. Fu et al. [1] and
Bischoff and Perry [2] systematically reviewed the compressive
behavior of concrete at high strain rates, while the strain rate effect
on the tensile strength of concrete was reviewed by Malvar and
Rose [3] and Thomas and Sorensen [4]. It was reported that the
compressive and tensile strength of concrete can be obviously
increased at the strain rates induced by seismic loading. Moreover,
the tensile strength of concrete is more susceptible to increase
than the compressive strength. In addition, the mechanical proper-
ties of reinforcing steels under seismic strain rates were also exam-
ined by many researchers through dynamic loading tests [5–12].
The experimental findings indicated that the yield strength and
ultimate tensile strength of reinforcing steels increase linearly with
the logarithmical increase of strain rate, and the effect of strain rate
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on the lower strength reinforcing steels is more significant as com-
pared with that on the higher strength reinforcing steels.

In current literature, many investigations are focused on the
effects of loading rates on the seismic behavior of RC members.
The dynamic tests of simply supported and doubly reinforced
beams were performed by Bertero et al. [13] to assess the influence
of loading rate on the behavior of RC beams. It was found that the
stiffness before the first yielding of reinforcing steel for the beams
under the higher loading rate increases about 10% as compared
with that for the beams under the lower loading rate. Significantly
increases in the initial yield strength were also observed, but the
effect of loading rate on the ultimate strength, flexural failure
mode, measured strain, curvature and deflection ductility factors
of the beams is not evident. The similar conclusions were obtained
by Kulkarni and Shah [14], who carried out the experimental tests
of seven pairs of RC beams subjected to static and high loading
rates. It was also reported in the aforementioned studies that the
failure mode of the RC beams may shift from brittle shear failure
at the lower strain rate to the ductile flexural failure at higher
strain rates. Otani et al. [15] performed a series of tests on four
pairs of cantilever RC beams under static and dynamic loads to
study the potential effects of strain rate. The specimens were
tested in the vertical position and loaded horizontally using a
dynamic actuator. The results showed that the seismic strain rate
increased the flexural resistance of RC beams by 7%–20%. Li and
Li [16] studied the dynamic behavior of simply supported RC
beams with different shear spans through dynamic tests, in which
the influence of loading rate on the bearing capacity, ductility, stiff-
ness, failure mode and energy absorbing of beam specimens were
systematically analyzed.

Ghannoum et al. [17] investigated the dynamic behaviors of RC
columns subjected to the cyclic loadings at different strain rates.
The test results showed that the lateral bearing capacity of RC col-
umns can increase up to 33% when the loading rates are taken into
account. The mechanical properties of RC columns under multi-
dimensional dynamic loadings were investigated by Wang et al.
[18]. Comparisons of test results indicated that the strength, stiff-
ness, ductility, damage, energy absorption and failure mode were
all influenced by the loading rate. Carrillo and Alcocer [19] studied
the seismic performance of 12 RC walls using the quasi-static cyc-
lic loading and shaking table tests. It was observed that stiffness
and strength degradation properties of RC walls were dependent
on the loading rate.

It should be noted that most of the previous studies are focused
on the mechanical properties of RC materials or members under
quasi-static and dynamic loadings through the laboratory tests.
However, the experimental studies on the influence of strain rate
on the seismic responses of RC structures are very rare. Numerical
simulation method can provide an alternative way to effectively
and practically predict the seismic responses of RC structures with
inclusion of strain rate effect. Pandey et al. [20] analyzed the tran-
sient dynamic responses of three-dimensional RC structures based
on a strain rate dependent concrete model. Guner and Vecchio [21]
conducted the global seismic response analyses of RC frame struc-
tures, in which the strain rate effects are considered using the
dynamic increase factors (DIFs) of concrete and reinforcing steel
materials. Wang et al. [22] numerically studied the effect of strain
rate on the seismic behaviors of recycled aggregate concrete frame
structures. Moreover, the influence of strain rate on the seismic
responses and fragilities of RC structures was examined by
Asprone et al. [23]. The above-mentioned numerical investigations
demonstrated that the rate-dependent properties of RC materials
should be reasonably taken into consideration to precisely predict
the seismic responses of RC frame structures.

Up to date, shaking table test is universally acknowledged to be
the most appropriate and accurate method for reproducing the
seismic dynamic responses of RC structures since the actual strain
rate effects of RC materials under earthquake excitations can be
experienced. In this paper, the shaking table test of a 1/5 scaled
RC structure is performed to investigate the effects of strain rates
on the dynamic responses of RC structures under earthquake exci-
tations. The dynamic properties of micro-concrete and iron wire
used in the test specimen are experimentally investigated under
seismic loading rates and the corresponding DIFs are estimated
based on the regression analyses of the test results. Moreover, a
three-dimensional rate-dependent beam-column element model
with fiber sections is developed for the numerical simulation of
seismic responses of RC structures with inclusion of strain rate
effect. The ABAQUS analysis platform is employed to develop the
three-dimensional finite element (FE) model of the shaking table
specimen, in which the estimated DIFs are used to simulate the
rate-dependent properties of the micro-concrete and iron wire.
The numerically calculated structural seismic responses are vali-
dated by the experimental data obtained from the shaking table
test. The effects of strain rates on the seismic performance of the
RC structure are analyzed and discussed in detail.
2. Dynamic loading tests of the materials in shaking table
specimen

To fabricate scaled RC structural models for shaking table tests,
the micro-concrete and iron wire are commonly used to replace
the ordinary concrete and reinforcing steels in the prototype struc-
ture. In this section, the dynamic loading tests are conducted to
investigate the rate-dependent properties of micro-concrete and
iron wire used in the shaking table specimen. The DIFs for the
key parameters of these two materials are estimated based on
the regression analyses of the test results.
2.1. Micro-concrete

Micro-concrete is composed by a certain proportion of cement,
silver sand, gravel (Diameter < 5 mm) and water, and its maximum
compressive strength is generally less than 15 MPa. The quasi-
static mechanical properties of micro-concrete were experimen-
tally studied by Yang et al. [24]. It was revealed that stress-strain
curves of micro-concrete are very similar to those of the ordinary
concrete. Shen et al. [25] experimentally investigated the dynamic
properties of micro-concrete under compression at different load-
ing rates. The results illustrated that the dynamic compressive
strength and elastic modulus of micro-concrete increase with
strain rate, and the constitutive relation and failure mode are quite
similar to those of ordinary concrete at different strain rates.

In this study, the uniaxial compressive tests of micro-concrete
are conducted using the electro-hydraulic servo-controlled system
under the loading rates of 10�5–10�2 s�1, which corresponds to the
range of strain rates induced by seismic loading [2]. The dynamic
test equipment and installation of micro-concrete specimen are
shown in Fig. 1. The dimension of the micro-concrete cubic speci-
men is 100 mm � 100 mm � 100 mm, and the test specimens are
cured simultaneously with the RC shaking table specimen in the
natural environment. Table 1 presents the mixed proportions of
the micro-concrete. The displacement control method was adopted
in the test and the loading rate remains constant during each load-
ing process. Moreover, the test data is recorded by a high speed
data acquisition system. For each loading rate case, at least three
specimens are tested and the number of specimens is increased
if the dispersion of the test results is relatively large.

Based on the test results, the averaged stress-strain curves for
the micro-concrete specimens at different strain rates are calcu-
lated, as plotted in Fig. 2. It can be observed that with the increase
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Fig. 1. Dynamic test equipment and installation of micro-concrete specimens.

Table 1
Mixed proportion of micro-concrete in the test.

Cement Fine sand Gravel (D � 5 mm) Water

1 3.26 3.98 0.82

Fig. 2. Measured stress-strain curves of micro-concrete at different strain rates.
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of strain rate, the values of ultimate compressive strength and
Young’s modulus become higher. Table 2 summarizes the calcu-
lated mean compressive strength and Young’s modulus of the
micro-concrete specimens. As compared with the quasi-static
strain rate case (10�5 s�1), the compressive strength increases by
5.4%, 17.2% and 24.7% at the strain rates of 10�4, 10�3 and 10�2

s�1, respectively. For each test specimen, the Young’s modulus is
Table 2
Mean values of measured compressive strength and Young’s modulus of the micro-
concrete at different strain rates.

Strain rate (s�1) Compressive strength
(MPa)

Young’s modulus (MPa)

Mean values Difference Mean values Difference

10�5 11.20 – 9484 –
10�4 11.80 5.4% 10,538 11.1%
10�3 13.13 17.2% 11,018 16.2%
10�2 13.97 24.7% 11,898 25.5%
measured in the stress range of 0 to 40% of the compressive
strength. The mean values of the measured Young’s modulus
increase by 11.1%, 16.2% and 25.5% at the strain rates of 10�4,
10�3 and 10�2 s�1 as compared with the quasi-static strain rate,
respectively.

According to the regression analyses of the test results (as
shown in Fig. 3), the DIFs for the compressive strength and Young’s
modulus of the micro-concrete can be obtained as

DIFc ¼ f dc=f cs ¼ 0:9892þ 0:08607 lgð _ec= _ecsÞ ð1Þ

DIFE ¼ Ed
c=Ecs ¼ 1:00974þ 0:08142 lgð _ec= _ecsÞ ð2Þ

where f dc and Ed
c are the dynamic compressive strength and Young’s

modulus, respectively; f cs and Ecs are the compressive strength and
Young’s modulus under quasi-static strain rate; _ec is the strain rate
of micro-concrete and _ecs = 10�5 s�1 is the quasi-static strain rate.

As reviewed by Fu et al. [1], the influence of strain rate on the
concrete compressive strain at maximum stress and at failure is
a very controversial issue. Some researchers indicated that the con-
crete strain at failure slightly increased under dynamic loading
rates (e.g. Watstein [26]; Scott et al. [27] and Mander et al. [28]).
However, Dilger et al. [29] and Soroushian et al. [30] reported that
the plastic strain of concrete actually decreased with the increase
of loading rate. In addition, Mlakar et al. [31] concluded that the
effect of loading rate on the concrete strain corresponding to the
maximum stress can be neglected. According to the test results
of micro-concrete of the present study, no obvious consistent
increase or decrease in the concrete compressive strain at maxi-
mum stress and at failure was observed (as shown in Fig. 2). There-
fore, the influence of loading rate on the concrete strain is not
taken into account herein.

2.2. Iron wire

To investigate the dynamic tensile properties of iron wires
under seismic loading rates, the iron wires with diameters of 1.6,
2.0 and 2.8 mm are tested using the MTS New 810 electro-
hydraulic servo-controlled system (as shown in Fig. 4). In total four
loading rates, namely 2.5 � 10�4, 2.5 � 10�3, 2.5 � 10�2 and
2.5 � 10�1.4 s�1, are taken into account. The loading rate of
2.5 � 10�4 corresponds to the quasi-static strain rate and the
others are in the strain rate range of reinforcing steels induced
by earthquakes. The loading scheme are almost the same with
the dynamic compressive test of micro-concrete, i.e., at least three
iron wire specimens are tested under each strain rate.

The averaged stress-strain curves of iron wires at various strain
rates are calculated based on the test data, as depicted in Fig. 5. As



(a) Compressive strength (b) Young’s modulus 

Fig. 3. Mean values of the measured compressive strength and Young’s modulus of micro-concrete at different strain rates.

(a) Test system and specimen setup (b) Failure of iron wires (D=2.0 mm) 

Fig. 4. Dynamic test equipment and tensile failure mode of the iron wire specimens.

(a) D=1.6 mm (b) D=2.0 mm (c) D=2.8 mm 

Fig. 5. Measured stress-strain curves of iron wire at different strain rates.
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shown, the elastic moduli of the iron wires are basically the same
under different strain rates. No obvious increase or decrease in
yield strain and strain at maximum stress and at failure was
observed. However, both of the tensile yield strength and ultimate
strength increase with strain rate. The mean values of measured
yield strength and ultimate tensile strength of iron wires with dif-
ferent diameters are summarized in Table 3. As compared with the
quasi-static strain rate case (2.5 � 10�4 s�1), the yield strength at
2.5 � 10�1.4 s�1 significantly increases by 20.69%, 12.11% and
9.14% for the iron wires with diameters of 1.6, 2.0 and 2.8 mm,
respectively. The corresponding increasing degrees of the dynamic
ultimate tensile strength are 8.72%, 5.99% and 3.15%, respectively.
According to the regression analyses of the test results (as
depicted in Fig. 6), the DIFs for the yield strength and ultimate ten-
sile strength of iron wire can be expressed by

DIFy ¼ f yd=f ys ¼ 1:0þ 0:0456 lgð _ew= _ew0Þ ð3Þ
DIFu ¼ f ud=f us ¼ 1:0þ 0:0212 lgð _ew= _ew0Þ ð4Þ

in which _ew is the strain rate; _ew0 denotes the quasi-static strain
rate; f ys and f yd are the quasi-static and dynamic yield strength,
respectively; f us and f ud are the quasi-static and dynamic ultimate
tensile strength, respectively.



Table 3
Measured yield strength and ultimate tensile strength of iron wires.

Diameter (mm) Strain rate (s�1) Yield strength (MPa) Ultimate strength (MPa)

Mean values Difference Mean values Difference

1.6 2.5 � 10�4 238.55 – 356.34 –
2.5 � 10�3 251.39 5.38% 366.79 2.93%
2.5 � 10�2 264.40 10.84% 377.19 5.85%
2.5 � 10�1.4 287.90 20.69% 387.42 8.72%

2 2.5 � 10�4 354.67 – 486.35 –
2.5 � 10�3 361.64 1.97% 494.66 1.71%
2.5 � 10�2 375.78 5.95% 500.58 2.93%
2.5 � 10�1.4 397.62 12.11% 515.47 5.99%

2.8 2.5 � 10�4 273.54 – 352.52 –
2.5 � 10�3 279.41 2.15% 353.86 0.38%
2.5 � 10�2 285.80 4.48% 362.60 2.86%
2.5 � 10�1.4 298.54 9.14% 363.63 3.15%
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Fig. 6. Tensile yield strength and ultimate strength of iron wires at different strain rates.

Table 4
Similitude relations for shaking table specimen.

Physical quantity Similitude equation Model/Prototype

Length SL 0.2
Young’s modulus SE 0.25
Stress Sr ¼ SE 0.25
Strain Se ¼ Sr=SE 1
Density Sq ¼ Sr=ðSa � SLÞ 1.25
Mass Sm ¼ Sq � S3L 0.01

Stiffness SK ¼ SE � SL 0.05
Time ST ¼ ðSm=SK Þ0:5 0.447

Frequency 1=ST 2.237
Acceleration Sa 1
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3. Shaking table test of RC structural model

The prototype building is a three-story asymmetric RC frame
shear wall structure designed according to the Chinese Code for
design of concrete structures [32]. The building has a plan dimen-
sion of 6 � 12 m2 and a total height of 9.9 m with one bay and two
spans. In a shaking table test, the dimensions of the structural
model can inevitably affect the seismic responses of the structural
model due to the size effect [33,34]. However, owing to the limita-
tions of space and load capacity of shaking table equipment, it is
very difficult to carry out a full-scale shaking table test of the pro-
totype structure. Hence, the shaking table test of a 1/5 scaled RC
structural model is carried out in this study to reproduce the struc-
tural seismic responses with inclusion of strain rate effect. By scal-
ing down the geometric parameters and material properties of the
prototype structure, the shaking table test specimen is designed
and fabricated according to the similitude law [35,36]. The simili-
tude scale factors of the specimen are summarized in Table 4.

The test specimen is casted by micro-concrete and iron wire,
whose mechanical properties under dynamic loadings have been
discussed in the previous section. Fig. 7 shows the configuration
of the test specimen. The plan dimension, height and overall
weight of the specimen are 1.2 � 2.4 m2, 1.98 m and 1.7 t, respec-
tively. The specimen is fixed on the shaking table, which has a plan
dimension of 3 m � 4 m and a load carrying capacity of 10 t. As
illustrated in Fig. 7(b), in total six accelerometers are placed on
each floor to measure the acceleration time histories. To record
the strains of concrete during the earthquake excitation, nine fiber
Bragg grating (FBG) strain sensors are installed at the column and
beam ends of the test specimen (Fig. 7(c)). The N-S and vertical
components of the El Centro (EC) earthquake ground motion are
selected as horizontal and vertical inputs in the shaking table test.
The sequence of the input ground motions in the shaking table test
is given in Table 5.

During the test process, the structural damage of the specimen
after each loading stage is observed and recorded. After PGA = 0.24 g
and PGA = 0.33 g, very minor cracks appear at the joints between
the beams and side columns, these cracks initiate from the corners
of columns and have a maximum width of 0.1 mm. With the
increase of input ground motion intensity, the number of the
cracks increases and the cracks become larger and deeper. After
PGA = 0.5 g, the maximum crack width at the beam-column joints
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(c) Elevation-1 in transvers direction (d) Elevation-A in longitudinal direction

(e) Beam section (f) Shear wall section (g) Column section

Fig. 7. Configuration of the shaking table test specimen.

Table 5
Loading programme of the shaking table test.

Loading stages PGA (g) Direction

WN-1 0.005/– Transverse/–
EC-1 0.16/0.04 Transverse/Vertical
EC-2 0.24/0.06 Transverse/Vertical
EC-3 0.33/0.09 Transverse/Vertical
EC-4 0.40/0.11 Transverse/Vertical
EC-5 0.50/0.15 Transverse/Vertical
EC-6 0.60/0.24 Transverse/Vertical
EC-7 0.70/0.40 Transverse/Vertical
EC-8 0.86/0.56 Transverse/Vertical
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can reach 0.5 mm. The spalling of concrete cover is observed at the
joints between beams and side columns after PGA = 0.6 g. When
the PGA of the input motion increase to 0.86 g, the cracks at
beams-column joints continue to develop and the widths of the
existing cracks are significantly extended, some of the concrete
cracks widened to over 1 mm. Moreover, the spalling of concrete
becomes more serious than the previous loading stages. The local
concrete crushing and reinforcement buckling at the beam-
column joints between the second and third floor (after PGA =
0.86 g) are illustrated in Fig. 8.

Before each loading stage, the test specimen is excited under a
random acceleration signal (i.e. white noise) of 0.005 g. The trans-
fer function can be calculated by transforming the recorded accel-
eration responses into the frequency domain. The dynamic
properties of the test specimen before each loading stage (i.e. the
vibration frequencies and damping ratios) are estimated using
the modal identification technique [34]. Fig. 9 shows the variations
of the fundamental frequency and damping ratio of the structural
model after different loading stages. It can be observed that the
fundamental frequency of the specimen decreases and the
damping ratio increases along with the test process owing to



(a) Joint-1 (b) Joint-2 (c) Joint-3 

Fig. 8. Structural damage at the beam-column joints between the second and third floor (after PGA = 0.86 g).

(a) Fundamental frequency (b) Damping ratio 

Fig. 9. Variations of the structural fundamental frequency and damping ratio.

(a) Transverse story displacement (b) Transverse story drift ratios 

Fig. 10. Maximum story displacement and story drift ratios of each floor under different input ground motion intensities.
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the continuous accumulation of structural damage. By performing
the baseline correction and filtering process for the recorded accel-
eration time histories of each floor, the displacement time histories
are obtained using the double integral of acceleration in the time
domain. The story displacement and drift ratios at each floor of
the specimen under different input ground motion intensities are
depicted in Fig. 10. It is shown that the structural responses signif-
icantly increase with the ground motion intensity, especially after
PGA = 0.5 g. The evident increase of structural seismic demand at
this PGA level results in a considerable damage of the shaking table
specimen. As demonstrated in Fig. 9, both of the fundamental fre-
quency and damping ratio of the specimen are substantially chan-
ged after PGA = 0.5 g.
The concrete strain rates of the structural members can be
obtained by computing the derivatives of the concrete strains mea-
sured by the FBG strain sensors. The maximum concrete strain
rates of the beams and columns at each floor are summarized in
Table 6. It can be observed that the maximum strain rate of con-
crete increases with the increase of input ground motion intensity.
The maximum concrete strain rates of the column members are
6.5 � 10�3–6.8 � 10�2 s�1, which are much higher than those of
the beam members (2.0 � 10�3–2.5 � 10�2 s�1). Moreover, the
strain rates of the first floor columns are higher than those of the
second and third floor columns, while the strain rates of the first
floor beams are basically lower than those of the beams in the
upper floors.



Table 6
Recorded maximum concrete strain rates of column and beam members at different loading stages.

PGA (g) Maximum strain rates of beams (s�1) Maximum strain rates of columns (s�1)

1st floor 2nd floor 3rd floor 1st floor 2nd floor 3rd floor

0.16 2.0 � 10�3 3.2 � 10�3 3.5 � 10�3 1.7 � 10�2 6.9 � 10�3 6.5 � 10�3

0.24 2.2 � 10�3 4.6 � 10�3 4.8 � 10�3 2.8 � 10�2 1.1 � 10�2 1.1 � 10�2

0.33 2.3 � 10�3 5.5 � 10�3 6.5 � 10�3 3.6 � 10�2 1.0 � 10�2 1.6 � 10�2

0.40 2.8 � 10�3 6.6 � 10�3 6.8 � 10�3 3.0 � 10�2 1.2 � 10�2 1.7 � 10�2

0.50 3.7 � 10�3 7.4 � 10�2 6.8 � 10�3 4.1 � 10�2 1.2 � 10�2 2.1 � 10�2

0.60 6.1 � 10�3 1.7 � 10�2 8.2 � 10�3 5.1 � 10�2 1.2 � 10�2 2.6 � 10�2

0.70 9.6 � 10�3 2.7 � 10�2 1.0 � 10�2 5.8 � 10�2 1.5 � 10�2 3.5 � 10�2

0.86 9.0 � 10�3 2.5 � 10�2 1.9 � 10�2 6.8 � 10�2 1.5 � 10�2 4.5 � 10�2
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4. Three-dimensional rate-dependent fiber beam-column
element model

To perform rate-dependent seismic response analyses of RC
structures, the ABAQUS platform is employed in this study. With
an extensive library of material and element models, ABAQUS is
widely used in the seismic analyses of engineering structural sys-
tems. However, owing to the lack of rate-dependent material mod-
els of concrete and reinforcing steel, the strain rate effect cannot be
taken into account using the traditional beam elements in ABA-
QUS. To solve this problem, a novel three-dimensional fiber
beam-column element model with the consideration of rate-
dependent properties of RC materials is developed in this section.
4.1. Basic assumptions

The proposed beam-column element model is divided into lon-
gitudinal fibers [37,38], as shown in Fig. 11. The following basic
assumptions are made to develop the rate-dependent fiber
beam-column element: (1) The plane-section assumption is appli-
cable during the element deformation history; (2) Neglecting the
effects of cracking and bond slip; (3) The fiber constitutive models
are one-dimensional stress-strain relations of RC materials; (4)
Transverse shear behavior is linear elastic with a constant modulus
and is independent with the axial deformation or transverse
bending.
X
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Fig. 11. Schematic view of the proposed fiber beam-column element.
4.2. Basic formulations of forces and deformations

The three-dimensional section forces of the fiber beam-column
element include the axial force NðxÞ and two bending moments
MzðxÞ and MyðxÞ. The corresponding section deformation vector
can be represented by

fdðxÞgs ¼ /zðxÞ/yðxÞeðxÞT ð5Þ
where eðxÞ denotes the axial strain along the longitudinal direction;
/zðxÞ and /yðxÞ denote the two curvatures about the two orthogonal
axes z and y, respectively.

The fiber strain at an arbitrary point ðx; y; zÞ in the section is

eðx; y; zÞ ¼ ½lðy; zÞ�fdðxÞgs ð6Þ
in which ½lðy; zÞ� is the section compatibility vector, which can be
represented by ½lðy; zÞ� ¼ ½�y z 1 �.

The fiber stress of at point ðx; y; zÞ in the section is calculated by

rðx; y; zÞ ¼ Etanðx; y; zÞeðx; y; zÞ ð7Þ
where the tangent modulus Etanðx; y; zÞ and the stress rðx; y; zÞ can
be determined by the stress-strain relation of the corresponding
fiber. Based on the principle of virtual displacement, the section
tangent stiffness matrix and the section resisting force can be com-
puted by

½kðxÞ�s ¼
Z
A
½lðy; zÞ�TEtanðx; y; zÞ½lðy; zÞ�dzdy ð8Þ

fFRðxÞgs ¼
Z
A
½lðy; zÞTrðx; y; zÞ�dzdy ð9Þ

Using nðxÞ to represent the number of fibers included in each
section of the beam-column element. The fiber strains are assumed
to be linearly distributed over the cross section. Thus, Eqs. (8) and
(9) can be respectively reformulated as

½kðxÞ�s ¼

XnðxÞ
i¼1

Ei tan � Ai � y2i
XnðxÞ
i¼1

Ei tan � Ai � yi � zi �
XnðxÞ
i¼1

Ei tan � Ai � yi

XnðxÞ
i¼1

Ei tan � Ai � yi � zi
XnðxÞ
i¼1

Ei tan � Ai � z2i
XnðxÞ
i¼1

Ei tan � Ai � zi

�
XnðxÞ
i¼1

Ei tan � Ai � yi
XnðxÞ
i¼1

Ei tan � Ai � zi
XnðxÞ
i¼1

Ei tan � Ai

2
66666666664

3
77777777775

ð10Þ

fFRðxÞgs ¼

�
XnðxÞ
i¼1

ri � Ai � yi

XnðxÞ
i¼1

ri � Ai � zi

XnðxÞ
i¼1

ri � Ai

8>>>>>>>>>><
>>>>>>>>>>:

9>>>>>>>>>>=
>>>>>>>>>>;

ð11Þ
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Finally, with the obtained section forces and deformations, the
element forces and deformations can be calculated through the
integration along the longitudinal axis (x-axis).

4.3. Constitutive models of fibers

4.3.1. Unconfined concrete stress-strain relation
For the concrete cover fibers, the monotonic envelope curves in

tension and compression follows the stress-strain relation model
specified in the Chinese code for design of concrete structures
[32], as shown in Fig. 12. The stress-strain relations of concrete
in tension is represented by

rt ¼ ð1� dtÞEcet ð12Þ

dt ¼
1� qtð1:2� 0:2x5t Þ xt � 1
1� qt

atðxt�1Þ1:7þxt
xt > 1

(
ð13Þ

in which

qt ¼
f t;r
Ecet;r

ð14Þ

xt ¼ e
et;r

ð15Þ

where at is the parameter that representing the descending part of
stress-strain curves in tension; f t;r is the uniaxial tensile strength;
et;r is the tensile strain corresponding to f t;r; and dt is the damage
parameter in tension.

The stress-strain relations of concrete in compression is written
by

rc ¼ ð1� dcÞEce ð16Þ

dc ¼
1� qcn

n�1þxnc
xc � 1

1� qc

ac ðxc�1Þ2þxc
xc > 1

(
ð17Þ

in which

n ¼ Ecec;r
Ecec;r � f c;r

ð18Þ

x ¼ e
ec;r

ð19Þ
,t rf

,c rf

ε
,c rε

σ

,t rε

Fig. 12. The stress-strain relation of unconfined concrete.
qc ¼
f c;r
Ecec;r

ð20Þ

where ac is the parameter of the descending part of stress-strain
curves in compression; f c;r is the uniaxial compressive strength;
ec;r is the compressive strain corresponding to f c;r; and dc is the
damage parameter in compression.

4.3.2. Confined concrete stress-strain relation
To account for the confinement of stirrups, the modified Kent-

Park model [39] is used to modify the peak stress, peak strain
and the strain softening slope of the core concrete in compression.
The stress-strain relation of the confined concrete (as shown in
Fig. 13) is described as follows:

rc ¼
Kf 0c 2 ec

e0

� �
� ec

e0

� �2
� �

; ec � e0

Kf 0c 1� Zðec � e0Þ½ � � 0:2Kf 0c; e0 � ec � eu

8><
>: ð21Þ

in which

e0 ¼ 0:002K ð22Þ

K ¼ 1þ qsf yh
f 0c

ð23Þ

Z ¼ 0:5
3þ0:29f 0c

145f 0c�1000 þ 0:75qs

ffiffiffi
h0
sh

q
� 0:002K

ð24Þ

eu ¼ 0:004þ 0:9qsðf yh=300Þ ð25Þ
where e0 is the peak strain of concrete in compression; eu is the
strain corresponding to the stress of 0:2f c; K is the coefficient which
account for the increasing compressive strength due to confinement
of stirrups; Z defines the strain softening slope and depends on the
coefficient K; f 0c is the cylinder compressive strength; f yh is the yield
strength of stirrups; qs is the volume ratio of stirrups to the volume
of concrete core; h0 is the width of core concrete measured to the
outside edge of stirrups; and sh is the center spacing of stirrups.

4.3.3. Reinforcing steel stress-strain relation
The monotonic envelope curve of reinforcing steel presented by

Esmaeily and Xiao [40] is employed in the simulation (as shown in
Fig. 14(a)), the stress and strain relation of the reinforcement is
expressed by
'
ckf

ε
uε0ε

'
cf

σ
Confined concrete

Unconfined concrete

'. ckf0 2

Z1 Z2

pε rε
Fig. 13. The stress-strain relation of confined concrete.
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Fig. 14. The stress-strain relation of reinforcing steel.
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r ¼
Ese e � ey
k2f y � Esð1�k2Þ

eyðk1�1Þ2 ðe� k1eyÞ2 ey < e < k2ey

0 e � k3ey

8>><
>>: ð26Þ

where ES is the Young’s modulus of reinforcing steel; ey and f y are
respectively the strain and stress at the yielding point, respectively;
eu is the strain at the ultimate stress; k1 is the ratio of peak strain to
yield strain; k2 is the ratio of peak stress to yield stress and
k3 ¼ 40ey.

The classical cyclic constitutive model of reinforcing steel
described by Clough and Johnson [41] is simplified and modified
to four branches, as shown in Fig. 14(b). It is noted that the last
maximum strain is the point after which the response comes back
to the bilinear envelope curve.

4.4. Consideration of the material rate-dependent properties

In this study, the above-mentioned constitutive models of con-
crete and reinforcing steel are incorporated in the ABAQUS plat-
form through the user subroutine VUMAT [42]. It should be
noted that the developed subroutine is not limited to specific
stress-strain models of RC materials. The selected Ken-Park con-
crete model [39] and Esmaeily and Xiao [40] reinforcement model
herein can be easily replaced by other available constitutive
(a) Micro-concrete

Fig. 15. Measured and simulated stress-strain curves of m
models of concrete and reinforcing steel. In the nonlinear seismic
analyses of RC members or structures, the developed subroutine
can be invoked in the explicit module of ABAQUS to update the
material properties after each analysis step, in which the strain
rate effect are taken into account using the DIFs of the key param-
eters of concrete and reinforcing steels. Thus, the influences of
rate-dependent properties of RC materials on the dynamic
responses of RC members or structures can be comprehensively
taken into account.

To validate the reasonability and validity of the presented
numerical model on the simulation of rate-dependent properties
of RC materials, the FE models for the test specimens of micro-
concrete and iron wire (D = 2 mm) in Section 2 are developed using
the proposed beam-column element in ABAQUS. The DIFs of micro-
concrete and iron wire estimated based on the test data are
employed to represent the material dynamic properties in the
beam-column models. Specifically, Eqs. (1) and (2) are used to cal-
culate the DIFs for the compressive strength and Young’s modulus
of micro-concrete, while Eqs. (3) and (4) are applied to calculate
the DIFs for the yield strength and ultimate tensile strength of iron
wire.

The measured and simulated stress-strain curves of micro-
concrete and iron wire at different strain rates are compared in
Fig. 15(a) and (b). The dynamic material parameters of the
micro-concrete and iron wire are respectively calculated based
(b) Iron wire (D=2mm) 

icro-concrete and iron wire at different strain rates.



Table 7
Key parameter values of micro-concrete and iron wire (D = 2 mm) obtained from experimental test and numerical simulation.

Micro-concrete Compressive strength (MPa) Young’s modulus (MPa)

Strain rate (s�1) Measured Simulated Error Measured Simulated Error

10�5 11.20 11.18 0.18% 9484 9483 0.01%
10�4 11.80 12.03 1.95% 10,538 10,266 2.65%
10�3 13.13 12.99 1.08% 11,018 11,038 0.18%
10�2 13.97 13.95 0.14% 11,898 11,811 0.74%

Iron wire Yield strength (MPa) Ultimate tensile strength (MPa)

Strain rate (s�1) Measured Simulated Error Measured Simulated Error

2.5 � 10�4 354.67 353.19 0.42% 486.35 486.36 –
2.5 � 10�3 361.64 364.02 0.65% 494.66 496.88 0.45%
2.5 � 10�2 375.78 371.68 1.10% 500.58 506.19 1.12%
2.5 � 10�1.4 397.62 397.41 0.05% 515.47 512.41 0.60%
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on the test data and the numerical simulation results, as summa-
rized in Table 7. It can be observed that the simulated stress-
strain relations and parameter values of the micro-concrete and
iron wire match well with the corresponding experimental data,
indicating that the material rate-dependent properties can be pre-
cisely predicted using the proposed numerical model.
Fig. 16. Three-dimensional FE model of the shaking table specimen.

(a) 1st mode (f1=4.41 Hz) (b) 2nd mode (f2

Fig. 17. The first three vibratio
5. Numerical simulation of the shaking table test

5.1. FE modeling

To validate the applicability of the proposed numerical model
on the simulation of seismic responses of RC structures with inclu-
sion of stain rate effect, the three-dimensional FE model of the
shaking table specimen is established using ABAQUS and the
numerical results are compared with that of the experimental data
obtained from the shaking table test. Fig. 16 illustrates the devel-
oped structural FE model, in which the RC beams and columns
are simulated by the proposed dynamic fiber beam-column ele-
ment and the RC walls and floors are simulated by the linear elastic
shell element. It is noted that the damage of walls and floors of the
shaking table specimen is very slight in the test process, even when
the PGA of the input ground motion is scaled to 0.86 g. Therefore,
the assumption of elastic walls and floors is reasonable. Moreover,
the bottom nodes of the columns in the first floor are fixed on the
ground and the rigid connections are used for the beam-column
joints.

To consider the influence of rate-dependent properties of
micro-concrete and iron wire, the developed subroutine is invoked
in the numerical simulation to update the material parameters of
the structural model. The constitutive model of the RC materials
introduced in Section 4 and the DIFs of the micro-concrete and iron
wire estimated in Section 2 are employed in the simulation. It
should be noted that the DIF for the tensile strength of micro-
concrete can also affect the structural seismic responses. However,
it is unfortunate that no experimental data is available to evaluate
the DIF for the tensile strength of micro-concrete in current litera-
ture. In this study, the DIF for the tensile strength of low-strength
concrete presented by Lin et al. [43] is employed to approximately
=14.13 Hz) (c) 3rd mode (f3=24.41 Hz) 

n modes of the FE model.



Table 8
Measured and simulated maximum roof displacements at different PGA levels.

PGA (g) Test (cm) Numerical simulation results

Rate-dependent (cm) Error Rate-independent (cm) Error

0.16 0.273 0.259 �5.13% 0.295 8.06%
0.24 0.402 0.397 �1.24% 0.429 6.72%
0.33 0.536 0.552 2.99% 0.575 7.28%
0.40 0.596 0.671 2.58% 0.683 14.60%
0.50 0.793 0.749 �5.55% 0.855 7.82%
0.60 1.158 1.218 5.18% 1.319 13.90%
0.70 1.796 2.051 14.20% 2.077 15.65%
0.86 2.664 2.840 6.61% 2.869 7.70%

Table 9
Measured and simulated maximum story drift ratios at different PGA levels.

PGA (g) Test (10 �2) Numerical simulation results

Rate-dependent (10 �2) Error Rate-independent (10 �2) Error

0.16 0.188 0.188 – 0.188 –
0.24 0.259 0.258 �0.39% 0.267 3.09%
0.33 0.314 0.349 11.15% 0.362 15.29%
0.40 0.406 0.409 0.74% 0.439 8.13%
0.50 0.491 0.503 2.44% 0.529 7.74%
0.60 0.738 0.781 5.83% 0.812 10.03%
0.70 1.021 1.083 6.07% 1.178 15.38%
0.86 1.553 1.601 3.09% 1.771 14.04%

g04.0=AGP)b(g42.0=AGP)a(

g68.0=AGP)d(g06.0=AGP)c(

Fig. 18. Comparison between the roof displacement time histories obtained from the shaking table test and numerical simulations.
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model the dynamic tensile strength of micro-concrete, which has
the following form:

DIFt ¼ f dt =f ts ¼ 1:0þ 0:135 lgð _et= _etsÞ ð27Þ

where f dt and f ts are respectively the dynamic tensile strength and
quasi-static tensile strength; _et is the strain rate; and _ets is the
quasi-static strain rate, which is assumed to be _ets ¼ 1� 10�5.

5.2. Numerical results

The modal analysis is firstly conducted in ABAQUS to assess the
dynamic characteristic of the developed FE model. The first three
vibration modes of the structural model are depicted in Fig. 17.
The calculated fundamental frequency of the structural model is
4.41 Hz, which is very close to that measured for the shaking table
specimen through white noise test (4.25 Hz). Hence, the dynamic
characteristic of the FE model is in line with that of the test
specimen.

Nonlinear time history analyses are performed to assess the
effect of strain rate on the seismic response of the RC structure.
Two numerical simulation cases are considered, namely the rate-
dependent case using the proposed fiber beam-column element
model with inclusion of strain rate effect, and the rate-
independent case using the traditional ABAQUS fiber beam-
column element (B31) without considering the rate-dependent
properties of RC materials. The input ground motions employed
in the numerical simulation are the same with those used in the
shaking table test, i.e. the horizontal and vertical components of
g42.0=AGP)a(

g06.0=AGP)c(

Fig. 19. Comparison between the maximum story drift ratios obt
the El Centro (EC) earthquake motion. The numerically simulated
and experimentally measured maximum roof displacements and
story drift ratios at different PGA levels are summarized in Tables
8 and 9. The simulated roof displacement time histories and story
drift ratios at 0.24 g, 0.4 g, 0.6 g and 0.86 g are compared with the
corresponding test data in Figs. 18 and 19.

As shown in Tables 8 and 9, the maximum structural responses
calculated by the proposed rate-dependent model match well with
the experimental data of shaking table test. It is also shown in
Figs. 18 and 19 that the numerically simulated time histories of
roof displacements and story drift ratios are compatible with the
corresponding test data at various PGA levels. Compared to the
experimental data, the maximum response errors of the rate-
dependent model are 14.20% for the peak roof displacement
(PGA = 0.70 g) and 11.15% for the peak story drift ratio (PGA =
0.33 g), respectively. These errors are actually expected because
it is very difficult to precisely control the material parameter
uncertainties of micro-concrete and iron wire in manufacturing
the shaking table specimen and the discrepancy between the spec-
imen and the numerical model is inevitable. Moreover, neglecting
the effects of concrete cracking and bond slip between reinforce-
ments and concrete (as introduced in the assumptions of the pro-
posed rate-dependent beam element model) may further influence
the accuracy of the numerical simulation, especially when the
specimen enters the nonlinear stage under high PGA levels.

It can also be seen from Tables 8 and 9 that the calculated struc-
tural seismic responses of the rate-dependent model are consider-
ably lower as compared with those of the rate-independent model,
and much closer to the experimental data obtained from the
g04.0=AGP)b(

g68.0=AGP)d(

ained from the shaking table test and numerical simulation.
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shaking table test. Taking PGA = 0.6 g as an example, the rate-
independent model overestimates the maximum roof displace-
ment and story drift ratio by 13.90% and 10.03%, respectively;
while the corresponding errors are reduced to 5.18% and 5.83%
when using the rate-dependent model. This is owing to the fact
that the effects of strain rates lead to higher strength of RC mate-
rials, which can enhance the structural resistant capacity and
reduce the seismic responses. These simulation results demon-
strate that the proposed rate-dependent fiber beam-column ele-
ment model can reasonably capture the strain rate effect and
provide more precise seismic response predictions of RC structures
than the traditional beam-column element models.

6. Conclusions

In the present study, the influence of strain rate effect on the
seismic responses of RC structures is comprehensively investigated
through experimental tests and numerical simulations. The key
findings are summarized as follows:

(1) The compressive strength and Young’s modulus of the
micro-concrete, as well as the yield strength and tensile ulti-
mate strength of iron wire are all enhanced with the increas-
ing loading rate. The DIFs for these key material parameters
are estimated based on the experimental data of the
dynamic loading tests.

(2) The strain rates of column and beam members in the shak-
ing table specimen magnify with the input ground motion
intensity. The peak strain rates of the columns are much
higher than those of the beams. The effect of strain rate
should not be neglected in the seismic response predictions
of RC structures, especially under the excitations of strong
earthquakes.

(3) It is validated by the shaking table test that the proposed
rate-dependent fiber beam-column element model can more
reasonably and accurately simulate the seismic responses of
RC structures as compared with the traditional beam-
column elements with static RC material constitutive mod-
els. The proposed numerical simulation method can yield
precise seismic performance predictions of RC structures
and provide beneficial recommendation and supplement
for the seismic design codes of RC buildings.

(4) More investigations are needed to examine the effect of
strain rate on the seismic responses of other types of RC
structures, especially high-rise buildings. Moreover, the seis-
mic vulnerability analyses of RC structures should be carried
out in the future studies, in which the influence of rate-
dependent properties of RC materials can be evaluated
under a large number of input earthquake ground motions.
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