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Abstract—This paper proposes a unified synthesis method for
the bandpass filters based on the alternative inverters and

microstrip line resonators. Firstly, an even-order Chebyshev
bandpass filter prototype with equal terminations is transformed
to two dual networks based on hybrid inverters and res-
onators. In this work, two adjacent resonators are coupled
with each other through a semi-lumped via-hole as the inverter;
the tailored method is employed and effectively demonstrated to
extract the inverters’ values and their respective associated
effective lengths. As its application examples, the proposed syn-
thesis method is applied to design two classes of even-order Cheby-
shev bandpass filters with fourth and sixth order onmicrostrip-line
topology, which operate at 2.4 GHz with the fractional bandwidths
of 10% and 15%, respectively. Finally, both classes of filters are
fabricated and measured. Simulated and measured results provide
a good verification for the theoretical counterparts.

Index Terms—Bandpass filter, even-order symmetrical Cheby-
shev bandpass filter, quarter-wavelength resonators and synthesis
method.

I. INTRODUCTION

M ICROWAVE bandpass filters based on resonators
possess several attractive features, such as compact

size, relaxed inter-resonator coupling, and wide upper stop-
band. In [1], a prominent resonator interdigital bandpass
filter was developed where each resonator had its own ground.
Fig. 1(a) and (b) portrays the schematics of two conventional
Chebyshev bandpass filter prototypes with third and fourth
order, respectively [2]. In these networks, three or four res-
onators are cascaded in series by alternative and inverters.
Since and inverters could both be easily implemented
on the uniplanar coplanar waveguide (CPW) structure, there
were plenty of examples of bandpass filters designed and
fabricated on a CPW structure [3]–[6]. In particular, this kind
of filter was widely used for exploration of high-temperature
superconductor (HTS) filters [7], [8] and the millimeter-wave
integrated filter [5]. On the other hand, two second-order
microstrip bandpass filters were proposed based on res-
onators in the alternative – – form [9] and [10]. In [9],
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Fig. 1. (a) and (b) Conventional third- and fourth-order Chebyshev bandpass
filter prototypes based on resonators with equal and unequal source/load
admittances, respectively. (c) Symmetrical fourth-order Chebyshev bandpass
filter prototype with equal source/load admittances.

the inverter was implemented with a shunt open-end stub
with a length shorter or longer than the , whereas a via-hole
was employed to function as a simple inverter in [10]. Fol-
lowing the work in [10], a few compact fourth-order microstrip
bandpass filters were reportedly constituted with quasi-elliptic
functionality [11] and widened upper stopband [12]. Using the

stepped-impedance resonators (SIRs), compact filters with
improved upper stopband performance were demonstrated in
[13] and [14], and a dual-band bandpass filter was presented
in [15] with the use of the first two resonant modes in the

SIRs in the – – form. However, only even-order
Butterworth frequency responses were achieved in [11], [12],
and [15], although a few fourth-order filters on the specified
quadruplet topology were designed on CPW [5] and microstrip
line [16] topologies. Bandpass filters designed in [11]–[16] in
fact heavily depends on the extensive tuning and optimization
via the full-wave simulator rather than the expected synthesis
method. No reported works really systematically addressed the
synthesis design for the symmetrical bandpass filter based on
the resonators.
Firstly, an odd-order, e.g., third-order, Chebyshev bandpass

filter with alternative inverters is investigated, as shown
in Fig. 1(a). This filter is formed by the sequence of – – –
inverters so it is a nonsymmetrical two-port network since the
input port and first resonator is coupled by a inverter, while
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the output port and third resonator is coupled by a inverter.
Fig. 1(b) shows a conventional even-order bandpass filter with
the order of . Due to the complete circle of – – – –
inverters, this filter network itself is symmetrical in its topology.
However, to achieve the Chebyshev frequency response, the
output admittance is unequal to the input admittance
since normalized is not equal to unity. Thus, an additional
impedance transformer needs to be installed at the output port if
the synthesis method in [1] is applied to design this even-order
filter with a Chebyshev frequency response. In this work, the
symmetrical even-order Chebyshev filter prototype with equal
I/O admittance is constructed based on [17], as the fourth-order
one is exemplified as shown in Fig. 1(c).
This paper primarily aims to transform the symmetrical

Chebyshev bandpass prototype with shunt LC resonant tanks
and inverters in Fig. 1(c) to the network based on alternative

inverters and resonators. In practice, the res-
onators are coupled via a co-shared semi-lumped inverter
that is realized by a via-hole in microstrip technology. By
tuning the via-hole diameter, the prescribed inter-resonator
coupling strength and external quality value can be
achieved, while the resonant frequencies of two coupled
resonators are significantly changed. As a result, the conven-
tional Dishal’s method [18] for the filter’s physical dimension
derivation, as detailed in [19], is not applicable. Therefore, a
unified synthesis method is proposed to explicitly extract the
physical dimensions of each individual and inverters and
the resonators’ structures.
This paper is organized as follows. In Section II, two dual

types of filter networks transformed from either all inverters
or all inverters networks are firstly synthesized. Next, the
detail filter dimension derivation method is formulated. Subse-
quently, the fourth-order microstrip bandpass filters centered at
2.4 GHz with the fractional bandwidth of 10% are synthesized
and discussed in Section III. Section IV presents the example
of sixth-order microstrip-line bandpass filter at 2.4 GHz with a
fractional bandwidth of 15%. Lastly, Section V concludes this
paper.

II. NETWORK TRANSFORMATION AND FILTER
DIMENSION DERIVATION

A. Network Transformation

The first step is to transform the bandpass filter prototypes in
the forms of shunt LC resonators and inverters in Fig. 2(a) or
series LC resonators and inverters in Fig. 3(a) to the proto-
types based on the alternative inverter and resonators,
respectively. As illustrated in Figs. 2 and 3, the matrices
at the exact resonant frequency among different topologies be-
tween two reference planes and should be equal to each
other. From Fig. 2, (1) can be easily derived,

(1)
where , , , and are the characteristic imped-
ances and admittances of the two neighboring resonators.

Fig. 2. (a) Bandpass filter network based on shunt-parallel LC resonators and
inverters. (b) Transformed bandpass filter network segment with trans-

mission lines and alternative inverters.

Fig. 3. (a) Bandpass filter network based on series LC resonators and in-
verters. (b) Transformed bandpass filter network segment with transmis-
sion lines and alternative inverters.

Alternatively, (2) for its dual network shown in Fig. 3 at the
exact resonant frequency is derived as follows:

(2)

Both (1) and (2) can be further simplified as (3),

(3)

For a synchronous-tuned filter on uniform resonators,

(4)

where and are the characteristic impedance and admit-
tance of the resonators.
The resonator behaves like either a shunt LC resonator

looking from its open-circuited end or a series LC resonator
looking from its short-circuited end. Hence, the susceptance
slope and reactance slope can be calculated at its reso-
nant frequency with reference to their equivalent lumped shunt
or series LC resonant circuits as

(5)
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Fig. 4. Fourth-order symmetrical Chebyshev bandpass filter network with
equal terminations on resonators starting with: (a) inverter and (b)
inverter.

and

(6)

The fourth-order Chebyshev bandpass filter with equal source
and load admittances in Fig. 1(c) can now be transformed to the
desired network in Fig. 4(a). The values of corresponding
inverters are calculated with (4) and (5) by taking the low-pass
cutoff frequency ,

(7a)

(7b)

(7c)

where is the fractional bandwidth and are the first four
elements of the fourth-order Chebyshev low-pass prototype. By
performing the transformation on its dual network based on se-
ries LC resonators and inverters shown in Fig. 3(a), the re-
sultant network can be derived as shown in Fig. 4(b). The asso-
ciated values are then calculated based on (4) and (6),

(8a)

(8b)

(8c)

It is remarkable that two sets of equations (7) and (8) are in
the same format and convenient for the later inverters’ physical
dimensions extraction. The negative signs in front of in
Fig. 7(b) and in Fig. 8(b) can be neglected in filter design
since they do not influence the filter’s magnitude responses.

B. Method for Filter Dimension Derivation

To achieve the coupling degrees determined in Section II-A,
geometrical dimensions of the I/O and inter-resonator coupling

stages can be routinely extracted by Dishal’s method [18], [19].
This extraction approach is constrained by an ideal assumption
that electrical property of all the coupling stages does not change
the resonator’s inherent resonant frequency. In our network, two
neighboring resonators are coupled via alternative in-
verters. The inverters are implemented by the parallel cou-
pled lines and they seem to change the resonator’s inherent fre-
quency very slightly. Meanwhile, the semi-lumped through-via
not only provides a short-circuited ground to the resonator,
but also functions as a inverter. As such, variation in the
value of leads to significant shift of the concerned resonant
frequency. With this limitation, an alternate filter dimension ex-
traction method is indispensable.
Equations (9a)–(9c) were initially derived in [20] and are

used to transform an asymmetrical two-port susceptance net-
work in Fig. 5(a) to its associated inverter network in Fig. 5(b).
Herein, all the susceptance elements can be extracted from the
full-wave-simulated two-port -parameters

(9a)

(9b)

(9c)

where , , and
, and , , and are

the characteristic admittances of two ports, and are the
two non-negative integers. Meanwhile [16, eq. (3)] is capable to
extract the equivalent asymmetrical network of the inverter
in Fig. 5(c) based on the asymmetrical two-port reactance
network. These two sets of equations could certainly be utilized
to extract dimensions of and inverters with the aid of a
commercial full-wave electromagnetic (EM) simulator. With
scrutinizing the network in Fig. 5(b), the middle inverter can
be directly changed with the inverter in Fig. 5(c) based on
their relationship as

(10)

where and . Both effective lengths
and are kept unchanged so that dimensions of both and
inverters can be extracted from the susceptance network, as

portrayed in Fig. 5(a) alone.
According to the above discussion, all the dimensions of

and inverters and their respect effective electrical lengths
are determined. The next step is to insert different lengths of
transmission-line segments between and inverters to form
the complete effective quarter-wavelength resonators. Since the
aforementioned dimension extraction procedure is executed via
the full-wave simulation, extracted parameters have included all
the parasitic effects, such as junction effects and end effects, the
final layout of the designed filter can be simply determined with
a rapid fine-tuning procedure.
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Fig. 5. (a) Two-port -type susceptance network. (b) Equivalent inverter
network. (c) Equivalent inverter network with asymmetrical geometry.

III. SYNTHESIS OF FOURTH-ORDER MICROSTRIP
BANDPASS FILTER

In this section, detail synthesis for the fourth-orderChebyshev
bandpass filter in Fig. 4(a), implemented on microstrip-line
structure, will be demonstrated. The used substrate is a Roger’s
RT/Duriod 6010with , , and thickness

mm. The prescribed filter is centered at frequency
Ghz with a fractional bandwidth of 10% and return loss

of 20 dB in the passband. Due to the symmetrical geometry of
the constituted even-order Chebyshev bandpass filters, both
the I/O port impedances are set as and they
are used for the inverters’ dimension extraction in (9a)
and (10). On the contrary, characteristic impedance of all
the resonators can be any value. Based on (7a)–(7c),

(11a)

(11b)

(11c)

where are the first four elements of fourth-order Chebysehv
low-pass, , , , and .
The width of the microstrip line is chosen as 0.6

mm with the characteristic impedance of .
The inset figure in Fig. 6(a) shows the layout of the
inverter in the form of the through-via, the diameter of the
through-via and the width of the shunt stub are set as 0.7
and 1.0 mm, respectively. The stub length, , is defined as
the distance between the microstrip edge and the center of

Fig. 6. Dimension derivation of inverter. (a) Normalized with .
(b) Effective length as a function of frequency with stub length .

via. Fig. 6(a) portrays the extracted normalized with
using (10) as increases from 0 to 0.25 and

0.50 mm. Of them, mm is chosen based on the
absolute value indicated in (11b) at 2.4 GHz, and its associated
effective electrical length is found as .
To construct the other coupling stages with and , their

effective electrical lengths must be less than 82.1 90 –7.9 .
Therefore, the coupling lengths of and are both chosen
as 10.5 mm, which matches the uncoupled electrical length of
79.1 as calculated by the LineCalc in the Agilent Advanced
Design System (ADS). Coupling spaces extraction of and

are performed based on (9) and (11a)–(11c) with the fixed
coupling length of 10.5 mm. According to the results shown in
Fig. 7 for and Fig. 8 for , the coupling spaces for these
two stages are chosen as 0.7 and 2.75 mm, respectively. Their
extracted effective electrical lengths are and

, and their absolute values are slightly longer
than uncoupled electrical length of 79.1 . The effective length
of the stage is longer than the one of the stage due to its
stronger coupling strength.
With the determination of physical dimensions and their asso-

ciated effective lengths of both and inverters, different mi-
crostrip line segments are inserted between the alternative
inverter to form an effective resonator. To avoid the dis-
continuity, the microstrip line with a width of 0.6 mm is chosen.
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Fig. 7. (a) Extracted normalized values and (b) effective electrical lengths of
as a function of frequency with different coupling gap .

Fig. 9 shows the schematic of a resultant first-stage effective
resonator that is composed of three distinct segments with

(12a)

(12b)

(12c)

Applying the resonant condition,

(13)

The electrical compensated lengths of the first and second
resonators can be calculated as and , and
their physical lengths are found as 0.20 and 0.30 mm using the
LineCalc in ADS. Since the filter is symmetrical with the central

inverter, the filter layout can be preliminarily determined.
Based on the above-described procedure, an initial

fourth-order Chebyshev bandpass filter on resonators
is designed and the photograph of the first fabricated filter with
the detailed dimensions after minor fine tuning is illustrated in
Fig. 10(a).The inset figure in Fig. 10(b) plots the three sets of

Fig. 8. (a) Extracted normalized values and (b) effective electrical lengths of
as a function of frequency with different coupling gap .

Fig. 9. Electrical compensated length extraction for the first resonator.

frequency responses, which are derived from the synthesis-ori-
ented network, full-wave simulated results of the filter layout
and measurement of the fabricated filter circuit, respectively.
In the core passband, the theoretical and full-wave simulated
responses match well with each other due to the presented
filter dimension extraction method. The measured in-band
insertion and return losses are found to be 2.78 and 11.1 dB,
respectively. Visible discrepancy between the simulated and
measured results may be caused by the inaccurate permittivity
of the dielectric substrate, the unexpected fabrication tolerance
and the transition losses in measurement.
Since the filter is designed based on resonators, the first

spurious response happens at 7.2 GHz, i.e., . Outside the
core passband, there are two transmission zeros located at the
both sides of the core passband although the right transmis-
sion zero is not clearly observable in the simulated results. Cou-
pling route with parasitic weak cross couplings of the bandpass
filter in Fig. 10(a) needs to be investigated using the diagram
in Fig. 11(b). The mainline coupling is in
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Fig. 10. (a) Photograph of fabricated fourth-order Chebyshev bandpass filter.
(b) Comparison among the simulated, theoretical and measured -parameters.

the form of alternative inverters, whereas the weak cross
coupling between source ( ) and resonant node 3 is out-of-
phase with the mainline coupling route at certain frequencies,
which can be considered as a quadruplet section. Meanwhile,
there is another quadruplet section among the resonant nodes
2–4 and the load ( ). Thus, locations of such transmission zeros
could be adjusted and controlled by varying the cross-coupling
strengths and . Fig. 11(a) shows a photograph of a mod-
ified Chebyshev bandpass filter. As compared to the initial filter
in Fig. 10(a), the second and fourth resonators are bent
downwards and upwards by 30 in order to get the improved
filtering performance. As shown in Fig. 11(c), two transmis-
sion zeros are located at 2.15 and 2.78 GHz, as can be clearly
seen in Fig. 11(c) for both full-wave simulated and measured
results. If these two transmission zeros are put much closer to
the core passband, the resultant passband does not strictly func-
tion as a Chebyshev frequency response. The respective and
inverters need to be determined from the coupling matrix

with the prescribed generalized-Chebyshev in-band frequency
response [21]. Transmission zeros at 4.5 GHz in Fig. 10(b) and
4.9 GHz in Fig. 11(c) are mainly attributed by capacitive
cross couplings.
By applying the same extraction procedure, the dual fourth-

order Chebyshev bandpass filter, as portrayed in Fig. 4(b), is de-
signed at 2.4 GHzwith a fractional bandwidth of 10% and return
loss of 20 dB in the passband. All the microstrip-line resonators
are chosen as 1.1 mm in their strip width, which results in the
characteristic impedance equal to the source/load impedance of
50 . The transformed normalized values of inverters can
be calculated according to (8), and their values are given in
(14a)–(14c) as follows:

(14a)

Fig. 11. (a) Photograph of fabricated fourth-order filter with modified configu-
ration. (b) Coupling and routing diagram. (c) Comparison among the simulated,
theoretical, and measured -parameters.

(14b)

(14c)

The resultant filter layout with denoted dimensions is shown in
Fig. 12(a). The required coupling parameter, , is as weak
as 0.05501, which results in the via diameter as large as 0.83
mm. Instead of a single via, in practical implementation, mul-
tiple vias connected in parallel or two closely spaced vias can be
deployed to realize the weaker values as specified. As can be
seen in Fig. 12(b), a simulated in-band frequency response is al-
most the same as the theoretical Chebyshev frequency response.
Measured in-band insertion and return losses are 2.98 and 9.87
dB, which are mainly due to the inaccurate substrate permit-
tivity, the unexpected fabrication tolerance and transition losses
in the measurement. The measured transmission zeros at 1.75
and 4.5 GHz are primarily attributed by the weak out-of-phase
cross coupling among the first and fourth resonators with
the mainline counterpart. The first spurious response is noticed
around 7.2 GHz. The measured and simulated wideband fre-
quency responses also match well, as plotted in Fig. 12(b).
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Fig. 12. (a) Photograph of second fourth-order Chebyshev bandpass filter
based on resonators. (b) Comparison between simulated and measured
results.

IV. SYNTHESIS OF SIXTH-ORDER MICROSTRIP
BANDPASS FILTER

In this section, a sixth-order Chebyshev bandpass filter is
designed at 2.4 GHz with the fractional bandwidth 15%. Ac-
cording to [1], the first five elements of sixth-order Chebyshev
low-pass, , , , ,

for the 20-dB in-band return loss. For the same
substrate used above, the strip width of microstrip resonators is
kept as 0.6 mm, which results in the characteristic impedance

. Hence, the values of normalized inverters
with respect to the port impedance can be calculated as fol-
lows based on (7):

(15a)

(15b)

(15c)

(15d)

As the physical dimensions of and are extracted based
on (10), (15b), and (15d), their preliminary physical dimensions
can be derived, as indicated in Fig. 13(a), over which their as-
sociated effective lengths are 8.90 and 6.57 , respectively.
The coupling length for and is then fixed as 9.0 mm
so that the coupling zero of this coupled line section can be em-
ployed to suppress the spurious at [12]. Each coupling space

Fig. 13. (a) Photograph fabricated sixth-order Chebyshev bandpass filter with
detail dimensions. (b) Comparison between simulated and measured results.

Fig. 14. (a) Photograph of the fabricated sixth-order hairpin Chebyshev band-
pass filter. (b) Comparison between simulated and measured results.

is tuned to achieve the coupling strength as specified in (15a)
and (15c), and the coupling gaps of and are determined
as 0.45 and 2.2 mm, their extracted effective lengths are 68.0
and 65.7 . Next, the compensated electrical or physical lengths
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for the first, second, and third resonators are calculated based on
(13) as or mm, or mm, and

or mm. Hence, the overall filter layout can be
determined, and the final layout is displayed in Fig. 13(a) after
minor fine tuning.
The full-wave simulated and measured frequency responses

are portrayed in Fig. 13(b). The simulated return loss is higher
than 20 dB within the 15% passband, and the six transmission
poles are clearly demonstrated. However, due to the inaccurate
substrate permittivity, the unexpected fabrication tolerance and
transition losses in the measurement, the measured in-band re-
turn and insertion losses are 3.77 and 4.15 dB, respectively.
The measured results still show a relatively flat passband. The
spurious response at 7.2 GHz is below 30 dB due to emer-
gence of coupling zeros caused by the three inverters around
7.2 GHz [12]. Since the sixth-order bandpass filter possesses
relatively sharp rejection ratios and out-of-band suppression,
the plural transmission zeros are not sharply obvious. As in the
fourth-order bandpass filters, these finite transmission zeros are
also attributed to the out-of-phase cross couplings, such as the
capacitive cross coupling between second and fifth resonators.
Nevertheless, the measured results reasonably match with the
theoretical ones.
To save the circuit area, the conventional straight

microstrip line resonators are then reshaped as the compact
hairpin units. Similarly, the filter structure with the area of
48.2 mm 8.3 mm in Fig. 13(a) is modified to create a resultant
bandpass filter based on the hairpin units with the circuit
area of 22.44 mm 9.6 mm , as displayed in Fig. 14(a). By
comparing them, the overall area of the filter is reduced by 46%.
A previous filter dimension derivationmethod does not take into
account of the complicated parasitic couplings existing in the
hairpin bandpass filter, but it still provides a close preliminary
filter layout dimensions. With the aim of the flat passband, sim-
ulated in-band insertion loss is as good as 20 dB, and fractional
bandwidth is around 18.5% after performing fine tuning, which
is wider than the prescribed 15.0%. The measure in-band return
and insertion losses are 9.13 and 2.74 dB. The measured results
match reasonably well with its theoretical ones.

V. CONCLUSION

In this paper, we propose a detail synthesis method for
the even-order Chebyshev bandpass filter based on the
microstrip line resonators and alternative inverters. The
values of alternative and are transformed from the con-
ventional all or all filter prototypes. The overall filter
dimension extraction method is explicitly and effectively
demonstrated to facilitate the synthesis design of the fourth-
and sixth-order Chebyshev bandpass filters. Two groups of
Chebyshev bandpasss filters with the fourth- and sixth-order
number are designed and fabricated. The measured frequency
responses for the fabricated filters have well justified the syn-
thesis design method for the even-order symmetrical bandpass
filters with a Chebyshev frequency response.
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